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ABSTRACT. Let # be a finite-dimensional complex Hilbert space. In this ar-
ticle we characterize the linear isometries of the Banach space H }y onto it-
self. We show that T is such an isometry iff T is of the form TF(z) =
UF(y(2))y¥'(z), for F e H;‘? and z in the unit disc, where y is a confor-
mal map of the disc onto itself, and U is a unitary operator on # .

1. INTRODUCTION

Let D denote the open unit disc in the complex plane and E be a finite-
dimensional complex Banach space. Then Hg stands for the Banach space of
all F: D — E such that (F,e") belongs to the Hardy class H” forall ¢* € E .
The norm on Hj, is given by

1 n ity p 1/p
171, = {35 [ NFE P}, p<,
bt (4

IF|l, = esssup|[F(e")| (= sup ||F<z>||) .
zeD

(We use the same symbol F to denote the corresponding L‘;E element on the
unit circle.) When E is a Hilbert space we write # for E, and refer to [7]
for the properties of Hj, .

The isometries of H* were determined by de Leeuw, Rudin and Wermer
[5] and quite independently by Nagasawa [10]. Their results were generalized to
the context of H in [1]. In [5] the isometries of H ! are also described. The
method is to use the characterization of the closure of the set of extreme points
of the unit ball in H' that was established in [4] in order to reduce the problem
to the H™ case via division by an H ' function. A complete accounting of
these results can be found in the book by Hoffman [8, Chapter 9].

In this article we establish an analogous description of the isometries of H ;7, .
Our proof, however, requires a quite different approach, since it is known that,
when one considers the closure of the set of extreme points of the unit ball,
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