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ABSTRACT. For a bounded domainE ⊂ Rn, p > 0

and k ∈ N we consider the Sobolev space W k
p (E) of k-

times continuously differentiable real-valued functions
f on E equipped with the norm

kfkp = kfkpLp(E) +
X

1≤|α|≤k
kDαfkpLp(E),

where Dαf = ∂|α|f
∂x

α1
1 ...∂xαnn

and |α| = Pn
j=1 αj for multiindices α = (α1, .., αn)

and αj ∈ N∪{0} for 1 ≤ j ≤ n. In this note we show that if p is not an even
integer then the structure of linear (surjective) isometries of the spaces W k

p (E)
strongly depends on the geometry of the domain E.We prove the following. Let
E and G be closed bounded connected domains in Rn such that m(E\int(E)) =
0. Let p > 0, p /∈ 2N and k∈ N. Then the space W k

p (E) is isometric to W
k
p (G) if

and only if the domains E and G coincide up to the composition of a translation
and a sign-changing permutation of coordinates.


