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Operators shrinking the Arveson spectrum.

ABSTRACT. Let G be a locally compact abelian group and let τX and
τY be strongly continuous representations of G on Banach spaces X and Y ,
respectively. If Φ : X → Y is a bounded linear operator intertwining τX and
τY , then it is immediate that spτX (Φx) ⊂ spτY (x) for each x ∈ X. Here spτ (z)
stands for the local Arveson spectrum of the representation τ at the point z. We
will discuss whether the converse holds true. As an application we show that if
S and T are invertible bounded linear operators on a complex Banach space X
which have polynomial growth, i.e. supk 6=0 |k|−αkSkk, supk 6=0 |k|−αkT kk < ∞
for some α ≥ 0, and if the local spectrum of S at every x ∈ X is contained in
the corresponding local spectrum of T , then the following identity holds
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for each integer N with N ≥ 2α.


