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Operator ideals on separable C(K) spaces.

ABSTRACT. There are few Banach spaces E for which the lattice of closed,
two-sided ideals in B(E) (the Banach algebra of all bounded linear operators
on E) is fully understood. In this talk we give consideration to this problem
in the case where E = C(K), the space of continuous scalar-valued functions
on a metrisable compact Hausdorff space K (metrisability of K is equivalent to
C(K) being norm separable). In particular, we shall discuss classes of operator
ideals of natural interest in the study of the closed ideal lattice of B(C(K)).

We first discuss a class {D,, | @ € ord} of operator ideals indexed by the
class ORD of ordinals and defined in terms of the Szlenk index. The Szlenk index
of an operator is an ordinal-valued index that can be thought of as a measure of
the ‘Asplundness’ of an operator. After defining the Szlenk index, we introduce
the classes D, by declaring that an operator T" belongs to D,, if the Szlenk index
of T, denoted Sz(T), does not exceed w®.

Time permitting, we shall also discuss a second class of operator ideals, this
time indexed by the class of compact Hausdorff spaces. For a given compact
Hausdorff space L we denote by Hy, the class of all operators T" for which there
is n € N such that T factors linearly and continuously through a subspace of

C(L)®---&C(L) =C(L)".



